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Abstract

It has been shown that the axions produced in early universe can account
for the cosmological dark matter. Theoretically, axions can decay and their
decay rate can be greatly enhanced by stimulated emission of photons. In
this article, we present a theoretical framework to describe the decay of the
cosmological axion dark matter. We show that, for a certain parameter space
of axion mass ma and the axion-photon coupling constant gaγγ , the axion
decay would be significantly triggered so that no axion dark matter remains.
For the popular benchmark models of the cosmological axion dark matter
ma ∼ 10−5 eV, current observational constraints of the axion-photon coupling
constant can ensure that axions are stable enough to be the cosmological dark
matter.
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1. Introduction

Although observational data reveal the existence of dark matter, we
do not know much about its nature. Some suggest that the existence of
weakly interacting massive particles (WIMPs) can account for the cosmolog-
ical dark matter. The WIMPs can probably interact with ordinary matter
or self-annihilate to give high-energy particles. However, recent observations
based on the direct-detection experiments [1], and the indirect-detection us-
ing gamma rays [2, 3, 4], cosmic rays [5, 6] and radio waves [7, 8, 9, 10, 11] do
not have any smoking-gun signals. The particle search in the large hadron
collider experiments also show null result of WIMPs [12]. Therefore, the
existence of WIMPs has become a big puzzle now.
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On the other hand, some theoretical proposals have suggested another
class of light scalar or pseudo-scalar particles called axions which can account
for cosmological dark matter [13, 14, 15, 16]. Not only for the dark matter
problem, the existence of axions can help solve the CP-violation problem
in particle physics [13]. Therefore, axion is another popular candidate of
dark matter. Axions can be produced thermally [17, 18] or produced from
oscillation in the QCD era [19, 20, 21]. For the latter production mechanism,
the axions produced (the QCD axions) behave like the cosmological cold dark
matter. Recent studies following the misalignment mechanism suggest that
the axion mass ma should be of the order ma ∼ 10−5 eV [19, 21].

Axions can decay into photons spontaneously. Some detectors are built to
search for the signal of axion decay [22, 23]. However, the rate of spontaneous
axion decay is very low. The decay rate can be as small as 10−40 s−1 for
ma ∼ 10−5 eV [21]. Nevertheless, it has been shown that the existence of
background photon field can stimulate the decay and significantly enhance
the spontaneous decay rate [21, 24, 25]. Interestingly, the photons given
out in the spontaneous decay can contribute to the background photon field
and stimulate another axion decay (i.e. the resonant decay). As a result,
an exponential growth of photons would be arisen and a significant amount
of axions would decay [26, 27]. However, inside a structure, there are some
factors which would suppress the resonant decay of axions [28].

In this article, we assume all axions being the cosmological dark matter
and formulate a theoretical framework to describe the cosmological axion
decay. We find that there are some ranges of axion mass and the axion-
photon coupling constant which can significantly trigger the axion decay.
Based on the argument if axions are stable enough to be the cosmological
dark matter, we derive the constraints of the axion mass ma and the axion-
photon coupling constant gaγγ for a wide range of ma ∼ 10−15 − 106 eV.

2. The stimulated axion decay model

The decay constant of spontaneous axion decay is given by [21]

Γ =
g2aγγm

3
ac

6

32h
= 8.4× 10−41

( gaγγ

10−10 GeV−1

)2
(

mac
2

10−5 eV

)3

s−1. (1)

Without any stimulation, the rate of change of axion number density is
ṅa = −Γna. If there exists a background photon field (e.g. the cosmological
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microwave background), the photons with the same frequency as those pro-
duced by decay ν = mac

2/2h would stimulate the axion decay so that the
total decay rate would be greatly enhanced. The rate of change of the axion
number density for stimulated decay is given by [21]

dna

dt
= −Γna(1 + 2f), (2)

where f is the photon occupation number of the background photon field.
Since the cosmological photon background exhibits a blackbody spectrum,
the photon occupation number is

f = fb =
1

emac2/2kT − 1
, (3)

where T is the temperature of the cosmological photon background.
Furthermore, since the photons arising from the axion decay have a spe-

cific frequency ν = mac
2/2h, these photons can contribute to the photon

background field and further stimulate the decay rate. Such phenomenon is
called the resonant decay [26, 27]. The photon occupation number due to
the contribution of the photons produced by decay is

f = fd =
nγh

3

πm3
ac

3
, (4)

where nγ is the number density of the photons produced by decay. Since
ṅγ = −2ṅa, we can write nγ = 2[na0 − na], where na0 is the initial number
density of axions.

In general, if the contribution of the photons produced by decay is signif-
icant, the decay rate would grow exponentially with time so that the factor
of the background photon field is insignificant. However, as our universe is
expanding, the frequency of the photons would decrease and the resonant
decay could be greatly suppressed. In this case, the photon occupation num-
ber would be dominated by the background photon field. Therefore, there
exist two regimes for our consideration: 1. background photons-dominated
regime and 2. resonant-decay regime.

2.1. Background photons-dominated regime

In this regime, the photon occupation number is dominated by the cos-
mological photon background. The temperature of the photon field is T =

3
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2.725 K/a, where a is the cosmic scale factor. By putting Eqs. (1) and (3)
into Eq. (2) and considering the axion decay from a ≈ 0 (at axion production)
to a = 1 (at present), we have:

na = na0 exp

[
− Γ

H0

∫ 1

0

(1 + 2fb)da√
Ωma−1 + Ωra−2 + ΩΛa2

]
, (5)

where H0 is the Hubble constant, Ωm, Ωr and ΩΛ are the cosmological den-
sity parameters of matter, radiation and the cosmological constant respec-
tively. Generally speaking, the value of the exponential factor in Eq. (5)

ξ ≡ (Γ/H0)
∫ 1

0
(1 + 2fb)da/(Ωma

−1 + Ωra
−2 + ΩΛa

2)1/2 depends on ma (see
Fig. 1). The ratio na/na0 is very close to 1 when ma is small while it is close
to 0 when ma is large. The critical ma of the transition is at ma ∼ 100 eV.
We define the critical value gaγγ when the exponential factor in Eq. (5) is −1
(i.e. ξ = 1). Therefore, we can get the critical gaγγ as a function of ma:

gaγγ

10−10 GeV−1 = 1.66×1011
( ma

10−5 eV

)−3/2

×
[∫ 1

0

(1 + 2fb)da√
Ωma−1 + Ωra−2 + ΩΛa2

]−1/2

,

(6)
where we have taken H0 = 70 km/s/Mpc.

Here, the critical gaγγ can be regarded as the approximate upper limit
of gaγγ such that there is no significant decay of axions (i.e. axions are
relatively stable throughout the universe expansion). In Fig. 2, we plot the
values of critical gaγγ against ma and compare with the existing observational
constraints, including the Any Light Particle Search (ALPS) experiment [22],
CERN Axion Solar Telescope (CAST) experiment [23], SN1987a supernova
data [29] and the stellar model simulation data [30]. In particular, the most
stringent constraints are gaγγ < 6.6×10−11 GeV−1 based on stellar modelling
for ma < 100 keV [30] and the CAST detection for ma < 0.02 eV [23]. Our
argument of ‘no significant axion decay’ gives a more stringent constraint on
gaγγ for ma > 400 eV. In fact, the contribution of the photon occupation
number fb is less than 1% for ma ≳ 400 eV. Therefore, considering the effect
of stimulated decay due to the cosmic photon background cannot give a more
meaningful constraint compared with the existing observational bounds.

2.2. Resonant-decay regime

In the resonant decay regime, the photons arising from the axion decay
would contribute to the photon field to facilitate the decay. Once the back-
ground photons have started to stimulate the axion decay, the number of
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photons produced by decay would grow exponentially. This would quickly
achieve fd ≫ fb. To model this phenomenon, we can approximate Eq. (2) by

dna

dt
≈ −Γna[1 + 4K(na0 − na)], (7)

where K = h3/πm3
ac

3. The analytic solution of Eq. (7) is

na =
na0(1 + 4Kna0)e

−(4Kna0+1)Γt

1 + 4Kna0e−(4Kna0+1)Γt
. (8)

Note that if the axions being the cosmological dark matter, we have
na0 ∝ Ωma

−3/ma ∝ a−3. This is consistent with the QCD axion model [20].
The Hubble expansion factor for the axion dark matter has been implicitly
considered in the scaling of a. Besides, in the radiation dominated era, the
time after the Big Bang is t = (2H0

√
Ωr)

−1a2 ∝ a2. Therefore, the factor in
the exponential function (2Kna0+1)Γt is proportional to a−1. This suggests
that the resonant decay is more significant when a is small (i.e. in early
universe). We will mainly consider the decay in the radiation dominated era.

Roughly speaking, according to Eq. (8), na would become very small when
t is very large. However, our universe is expanding so that the frequency of
the photons produced by decay would decrease at the same time. Therefore,
the photons cannot stimulate further decay if their frequency decreases sig-
nificantly. Nevertheless, the density fluctuation in the early universe would
generate a certain momentum fluctuation of axions. This provides a small
possible photon decay frequency width ∆ν in the spontaneous axion decay.
Therefore, if the frequency decrease due to the cosmic expansion is smaller
than the photon decay frequency width, a significant resonant decay is still
possible.

Theoretically, the fractional change of the photon frequency ∆ν/ν is di-
rectly proportional to the fractional change of the cosmic scale factor ∆a/a.
On the other hand, the photon decay width ∆ν/ν is directly proportional
to the cosmic radiation temperature fluctuation ∆T/T originated from the
gravitational potential perturbation. Observations give ∆T ≈ 18µK [31],
which means ∆T/T ≈ 6.6× 10−6. Therefore, we have

∆t = 2t

(
∆a

a

)
∼ 2t

∣∣∣∣δTT
∣∣∣∣ . (9)

Some benchmark models suggest that axions were produced at T ∼ 200
MeV via QCD non-perturbative effects [20], which is t ∼ 3.4 × 10−5 s after
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the Big Bang. The initial axion number density would be na0 ∼ 9.5 ×
1043(ma/10

−5 eV)−1 cm−3. Using Eq. (9), the allowed time duration for the
resonant decay after the production of axions is about ∆t ∼ 4× 10−10 s.

From Eq. (8), we can see that the resonant decay is significant when
the factor 4Kna0e

−(4na0K+1)Γ∆t is of the order 1. Therefore, we can get the
analytical relation of the critical gaγγ for different ma in the resonant-decay
regime:

gaγγ

10−10 GeV−1 ∼ 11.6
( ma

10−5 eV

)1/2

×
[
109− 4 ln

( ma

10−5 eV

)]1/2
. (10)

In Fig. 2, we plot the critical gaγγ against ma and compare with the exist-
ing constraints. Generally speaking, for a large range of ma, the constraints of
gaγγ based on the resonant decay argument is less stringent than the existing
observational constraints. Nevertheless, for ma < 10−12 eV, this constraint
becomes more stringent than the existing constraints. In fact, the critical
gaγγ depends on the moment of axion production. The relation in Eq. (10)
has assumed axion produced at temperature T = 200 MeV. Roughly speak-
ing, the critical gaγγ is proportional to the production temperature T . If
axions were produced at a lower temperature, the values of the critical gaγγ
would be smaller.

3. Discussion and conclusion

In this article, we examine the stimulated decay and the resonant decay
of axions in the cosmological context if axions are cosmological dark matter.
The effect of the stimulated decay and the resonant decay would be significant
in the large ma regime and the small ma regime respectively. The decay
argument can give more stringent constraints for ma > 400 eV and ma <
10−12 eV only. For the benchmark model of axion dark matter with ma ∼
10−5 eV, current observational constraints ensure that most of the axions
remain stable.

Note that our entire discussion is in the cosmological context. However,
when structures form, the resonant decay might be more significant. It is be-
cause the gravitational well in different structures would give a larger velocity
dispersion for axion dark matter. This would also give a larger fractional de-
caying frequency width ∆ν/ν in the spontaneous decay. As a result, the
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suppression of the resonant decay due to the cosmic expansion would be less
significant. A recent study has examined the specific conditions for the res-
onant decay in a gravitational well [28]. These conditions might be able to
prevent any exponential decay of axions in a structure. However, in some
specific structures, the resonant decay can provide a possible explanation of
some galaxies lacking dark matter, like NGC 1052-DF2 and NGC 1052-DF4
[32, 33]. The key issue would be the velocity dispersion of dark matter in
the structures. Further simulations and observations are required to test this
hypothesis.

Although we have shown that axion decay is not significant for the bench-
mark cosmological axion dark matter models, the signatures of axion decay
might still be detectable by observations. The stimulated decay due to back-
ground photons or a small-scale resonant decay might be able to trigger de-
tectable signals. Some recent studies have examined the possibility [24, 34]
and we anticipate that future telescopes with higher sensitivity (e.g SKA)
can detect the alleged axion decay signals.
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Figure 1: The solid line represents the logarithm of the exponential factor ξ =

(Γ/H0)
∫ 1

0
(1 + 2fb)da/(Ωma−1 + Ωra

−2 + ΩΛa
2)1/2 as a function of ma. Here, we have

assumed gaγγ = 10−10 GeV−1, Ωm = 0.3, Ωr = 8.5× 10−5 and ΩΛ = 0.7.
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Figure 2: The shaded areas represent the ruled out regions of the parameter space based
on the Any Light Particle Search (ALPS) experiment (orange) [22], CERN Axion Solar
Telescope (CAST) experiment (green) [23], SN1987a supernova data (cyan) [29] and the
stellar model simulation data (blue) [30]. The black and red solid lines indicate the values
of the critical gaγγ as a function of ma based on the resonant decay and the cosmic photon
background stimulated decay respectively. Here, the critical gaγγ can be regarded as the
upper limits of gaγγ for different ma.
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